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A special place in Einstein’s gravity theory belongs
to fields of the third type, according to my earlier
classification [1, Sec. 18]. Whereas gravitational fields
of the first type include practically all the physically
interpretable solutions of the field equations (the
Schwarzschild solution, static field, etc.), and fields
with cylindrical waves can be indicated among the
known solutions of the second type [2], gravitational
fields of the third type do not admit yet a physical
interpretation. Moreover, even the determination of
formal solutions belonging to this class of field is a rather
difficult technical problem. However, if we start from
the assumption that Einstein’s theory of gravitation is
logically closed and requires no additional definition,
which would possibly exclude fields of the third type,
such fields are worthy of special attention. The existence
of such fields was predicted before specific examples
were presented. The first example of such a field was
apparently the metric obtained by the author in 1955
(unpublished),

ds2 = e−x2
[e−2x4

(dx1)2 + (dx2)2]−

−2dx3dx4 + x2(x3 + ex2
)(dx4)2

, which satisfies the field equations Rαβ = 0 and admits
a non-Abelian two-element group of motions. It was later
observed [1, Sec. 30] that there exists a two-parameter
family of gravitational fields of the third kind having the
same group of motions in vacuum (Rαβ = 0),

ds2 = e[a(dx1)2 + (dx2)2] + 2dx3dx4 + λ(dx4)2,

a = e(x2)2, λ = 2
[
x3 +

e

4
(x2)

]2

ln (px2) − e(x2)2 + q,

p, q = const, e = ±1,

and the assertion was made that this is a space
of maximum mobility of the third type in vacuum.
However, an arithmetic error has crept in the laborious
calculations related to the formulation of this assertion,
so that these gravitational fields admit, in fact, also a

three-element group of motions. This was pointed out by
Collinson and French [3] who made a remark concerning
the possibility of a three-element group without
indicating the metrics. The fields of greatest physical
interest among the gravitational fields are, as a rule,
those admitting various symmetries, and particularly
groups of motions. Therefore, the determination of fields
with maximum mobility is certainly worthy of special
attention. An example of such a space was found by
V.R. Kaigorodov. In a special coordinate system, the
metric takes the form

ds2 = −x3(dx1)2 + 2dx1dx2 − (3x2)2

(2x3)3
[(dx3)2 + (dx4)2];

it satisfies the field equations Rαβ = 0 and admits of a
three-member group of motions with the group structure

[X1, X2] = 0, [X2, X3] = −2X2, [X3, X1] = −X1

and the operators of the group of motions

X1 = p1, X2 = p4, X3 = x1p1− x2p2− 2x3p3− 2x4p4.

The analysis of the λ matrix [1, Sec. 18] (RAB − λgAB),
where RAB → Rαβγδ, gAB → gαγgβδ − gαδgβγ ; A,
B, ... = 1, ..., 6 ≡ (14, 24, 34, 23, 31, 12), shows that
it has the characteristic [(3◦, 3)], i.e., this metric defines
actually a gravitational field of the third kind.

The question whether other fields of the third type
with the group G3 are admissible is presently under
study.

It is remarkable that the field equations Rαβ = κgαβ

of the third type admit, at κ > 0, the group of motions
G4 [1, Sec. 30]. When κ → 0, the mobility is lowered,
although this fact is still difficult to be interpreted
physically.
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O.Z. Petrov is the famous physicist-theoretician. He graduated
from Kazan’ State University in 1937 and worked there from
1943 till 1969. From 1970, he was Head of a department at the
Institute for Theoretical Physics of the Acad. of Sci. of UkrSSR;
Academician of the Acad. of Sci. of UkrSSR (1969); Lenin’s prize
winner (1972).

O.Z. Petrov carried out the studies in the field of mathematical
physics, general relativity theory, and philosophical questions of
physics; performed a cycle of works on the group invariance
methods in the theory of gravitation; proposed new methods to
study the gravitation radiation and the energy of a gravitation

field and to model the gravitation field; proved the existence
of three types of gravitation (Petrov’s types); constructed the
classification of gravitation fields by the groups of motion (the
conformal, affine, and projective groups). He developed the general
theory of modeling of gravitation fields and advanced the idea
to describe the Einstein’s theory of gravitation in terms of a
plane space. The scientific results of Oleksii Zynoviiovych are
presented in the monographs: A.Z. Petrov, Einstein’s Spaces
(GIFML, Moscow, 1961) (in Russian); A.Z. Petrov, New Methods
in General Relativity (Nauka, Moscow, 1966) (in Russian). These
monographs occupy a particular place in the world scientific
literature on general relativity theory. They obtained rapidly
the common recognition and were translated into many foreign
languages.

194 ISSN 2071-0194. Ukr. J. Phys. 2008. V. 53, Special Issue



<<
  /ASCII85EncodePages false
  /AllowTransparency false
  /AutoPositionEPSFiles true
  /AutoRotatePages /All
  /Binding /Left
  /CalGrayProfile (Dot Gain 20%)
  /CalRGBProfile (sRGB IEC61966-2.1)
  /CalCMYKProfile (U.S. Web Coated \050SWOP\051 v2)
  /sRGBProfile (sRGB IEC61966-2.1)
  /CannotEmbedFontPolicy /Warning
  /CompatibilityLevel 1.4
  /CompressObjects /Tags
  /CompressPages true
  /ConvertImagesToIndexed true
  /PassThroughJPEGImages true
  /CreateJDFFile false
  /CreateJobTicket false
  /DefaultRenderingIntent /Default
  /DetectBlends true
  /DetectCurves 0.0000
  /ColorConversionStrategy /LeaveColorUnchanged
  /DoThumbnails false
  /EmbedAllFonts true
  /EmbedOpenType false
  /ParseICCProfilesInComments true
  /EmbedJobOptions true
  /DSCReportingLevel 0
  /EmitDSCWarnings false
  /EndPage -1
  /ImageMemory 1048576
  /LockDistillerParams false
  /MaxSubsetPct 100
  /Optimize true
  /OPM 1
  /ParseDSCComments true
  /ParseDSCCommentsForDocInfo true
  /PreserveCopyPage true
  /PreserveDICMYKValues true
  /PreserveEPSInfo true
  /PreserveFlatness true
  /PreserveHalftoneInfo false
  /PreserveOPIComments false
  /PreserveOverprintSettings true
  /StartPage 1
  /SubsetFonts true
  /TransferFunctionInfo /Apply
  /UCRandBGInfo /Preserve
  /UsePrologue false
  /ColorSettingsFile ()
  /AlwaysEmbed [ true
  ]
  /NeverEmbed [ true
  ]
  /AntiAliasColorImages false
  /CropColorImages true
  /ColorImageMinResolution 300
  /ColorImageMinResolutionPolicy /OK
  /DownsampleColorImages true
  /ColorImageDownsampleType /Bicubic
  /ColorImageResolution 300
  /ColorImageDepth -1
  /ColorImageMinDownsampleDepth 1
  /ColorImageDownsampleThreshold 1.50000
  /EncodeColorImages true
  /ColorImageFilter /DCTEncode
  /AutoFilterColorImages true
  /ColorImageAutoFilterStrategy /JPEG
  /ColorACSImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /ColorImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000ColorACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /JPEG2000ColorImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /AntiAliasGrayImages false
  /CropGrayImages true
  /GrayImageMinResolution 300
  /GrayImageMinResolutionPolicy /OK
  /DownsampleGrayImages true
  /GrayImageDownsampleType /Bicubic
  /GrayImageResolution 300
  /GrayImageDepth -1
  /GrayImageMinDownsampleDepth 2
  /GrayImageDownsampleThreshold 1.50000
  /EncodeGrayImages true
  /GrayImageFilter /DCTEncode
  /AutoFilterGrayImages true
  /GrayImageAutoFilterStrategy /JPEG
  /GrayACSImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /GrayImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000GrayACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /JPEG2000GrayImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /AntiAliasMonoImages false
  /CropMonoImages true
  /MonoImageMinResolution 1200
  /MonoImageMinResolutionPolicy /OK
  /DownsampleMonoImages true
  /MonoImageDownsampleType /Bicubic
  /MonoImageResolution 1200
  /MonoImageDepth -1
  /MonoImageDownsampleThreshold 1.50000
  /EncodeMonoImages true
  /MonoImageFilter /CCITTFaxEncode
  /MonoImageDict <<
    /K -1
  >>
  /AllowPSXObjects false
  /CheckCompliance [
    /None
  ]
  /PDFX1aCheck false
  /PDFX3Check false
  /PDFXCompliantPDFOnly false
  /PDFXNoTrimBoxError true
  /PDFXTrimBoxToMediaBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXSetBleedBoxToMediaBox true
  /PDFXBleedBoxToTrimBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXOutputIntentProfile ()
  /PDFXOutputConditionIdentifier ()
  /PDFXOutputCondition ()
  /PDFXRegistryName ()
  /PDFXTrapped /False

  /Description <<
    /CHS <FEFF4f7f75288fd94e9b8bbe5b9a521b5efa7684002000500044004600206587686353ef901a8fc7684c976262535370673a548c002000700072006f006f00660065007200208fdb884c9ad88d2891cf62535370300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c676562535f00521b5efa768400200050004400460020658768633002>
    /CHT <FEFF4f7f752890194e9b8a2d7f6e5efa7acb7684002000410064006f006200650020005000440046002065874ef653ef5728684c9762537088686a5f548c002000700072006f006f00660065007200204e0a73725f979ad854c18cea7684521753706548679c300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c4f86958b555f5df25efa7acb76840020005000440046002065874ef63002>
    /DAN <>
    /DEU <>
    /ESP <>
    /FRA <>
    /ITA <>
    /JPN <>
    /KOR <FEFFc7740020c124c815c7440020c0acc6a9d558c5ec0020b370c2a4d06cd0d10020d504b9b0d1300020bc0f0020ad50c815ae30c5d0c11c0020ace0d488c9c8b85c0020c778c1c4d560002000410064006f0062006500200050004400460020bb38c11cb97c0020c791c131d569b2c8b2e4002e0020c774b807ac8c0020c791c131b41c00200050004400460020bb38c11cb2940020004100630072006f0062006100740020bc0f002000410064006f00620065002000520065006100640065007200200035002e00300020c774c0c1c5d0c11c0020c5f40020c2180020c788c2b5b2c8b2e4002e>
    /NLD (Gebruik deze instellingen om Adobe PDF-documenten te maken voor kwaliteitsafdrukken op desktopprinters en proofers. De gemaakte PDF-documenten kunnen worden geopend met Acrobat en Adobe Reader 5.0 en hoger.)
    /NOR <>
    /PTB <>
    /SUO <>
    /SVE <>
    /ENU (Use these settings to create Adobe PDF documents for quality printing on desktop printers and proofers.  Created PDF documents can be opened with Acrobat and Adobe Reader 5.0 and later.)
  >>
  /Namespace [
    (Adobe)
    (Common)
    (1.0)
  ]
  /OtherNamespaces [
    <<
      /AsReaderSpreads false
      /CropImagesToFrames true
      /ErrorControl /WarnAndContinue
      /FlattenerIgnoreSpreadOverrides false
      /IncludeGuidesGrids false
      /IncludeNonPrinting false
      /IncludeSlug false
      /Namespace [
        (Adobe)
        (InDesign)
        (4.0)
      ]
      /OmitPlacedBitmaps false
      /OmitPlacedEPS false
      /OmitPlacedPDF false
      /SimulateOverprint /Legacy
    >>
    <<
      /AddBleedMarks false
      /AddColorBars false
      /AddCropMarks false
      /AddPageInfo false
      /AddRegMarks false
      /ConvertColors /NoConversion
      /DestinationProfileName ()
      /DestinationProfileSelector /NA
      /Downsample16BitImages true
      /FlattenerPreset <<
        /PresetSelector /MediumResolution
      >>
      /FormElements false
      /GenerateStructure true
      /IncludeBookmarks false
      /IncludeHyperlinks false
      /IncludeInteractive false
      /IncludeLayers false
      /IncludeProfiles true
      /MultimediaHandling /UseObjectSettings
      /Namespace [
        (Adobe)
        (CreativeSuite)
        (2.0)
      ]
      /PDFXOutputIntentProfileSelector /NA
      /PreserveEditing true
      /UntaggedCMYKHandling /LeaveUntagged
      /UntaggedRGBHandling /LeaveUntagged
      /UseDocumentBleed false
    >>
  ]
>> setdistillerparams
<<
  /HWResolution [2400 2400]
  /PageSize [612.000 792.000]
>> setpagedevice


