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On the base of the kinetic fluctuation theory, we consider the
parametric interaction of lower hybrid and upper hybrid waves
with ion-cyclotron oscillations in a plasma, where the ion velocity
distribution function is anisotropic. The turbulent diffusion
coefficient is found to depend significantly on the ratio between
the parallel and perpendicular ion temperatures. Our results can
be of interest in the investigation of anomalous transport processes
in space and laboratory plasmas with ion temperature anisotropy.

Turbulent transport driven by low frequency electro-
static fluctuations is recognized to be of significant
importance and may account for the major of the cross-
field transport occuring in plasma.

Investigations of diffusion processes in a hot
magnetized plasma and in a dusty plasma are widely
conducted last years [1-5].

Anomalous diffusion and parametric excitation of
electrostatic fluctuations in a helicon-produced plasma
were studied in [2].

It is shown in [3] that the anomalous transport in
fusion devices arises from the turbulent diffusion caused
by electromagnetic fluctuations in the edge plasma
region.

The appropriateness of the Fokker—Planck equation
for grains in a dusty plasma is discussed in [4]. A more
general description of the velocity dependent friction and
diffusion coefficients in a dusty plasma is formulated.

The existence of the regions with reduced levels
of diffusion attributed to zonal flows in the toroidal
ion temperature gradient mode turbulence with the
polarization drift effects is indicated in [5].

It is of interest to consider diffusion in the presence
of enhanced fluctuations due to a parametric instability.
Thus, such problems as the anomalous transport in the
presence of turbulent fluctuations and the enhanced
diffusion due to ion-cyclotron waves are important.
As for the latter problem, a more detailed study
which would treat the real diffusion with realistic ion
temperature anisotropy is needed.

We use the fluctuation theory for a magnetized plas-
ma in the presence of a pump wave [6-10] to calculate
the diffusion coefficient of the turbulent plasma.

ISSN 0503-1265. Ukr. J. Phys. 2008. V. 53, N 4

In [11], the anomalous diffusion in a magnetoactive
inhomogeneous plasma in the presence of the hybrid
pump wave parametric instability is investigated. For
the region above the instability threshold, it is shown
that the turbulent diffusion coefficient grows with
increase in the density gradient and the intensity of a
pump wave.

In this paper, we have considered the parametric
excitation of short wavelength ion-cyclotron waves in
the plasma with ion temperature anisotropy by the
lower hybrid and upper hybrid pump waves. The
parametric interaction of lower hybrid waves with such
low-frequency modes can lead to the three-wave decay
instability [12,13]. Under such parametric instability
conditions, the electric field intensity of superthermal
fluctuations is much higher than the level of the thermal
noise.

The expression for the diffusion coefficient is
calculated, and its dependence on the ion temperature
anisotropy is obtained. It is found that, for typical
laboratory plasma parameters, the magnitude of the
diffusion coefficient obtained in this article is essentially
greater than the corresponding one for a stable plasma
in the absence of a pump wave.

We consider the uniform electron-ion plasma in
a constant external magnetic field EO = BpZ.
The ion velocity distribution function is supposed to
be anisotropic, i.e. it is characterized by different
temperatures in parallel and perpendicularly to éo.
The unperturbed particle distribution functions can be
therefore written in the form [12]
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where ng, is the equilibrium density and m, is the
particle mass. The temperature Tj, is supposed, in
general, to be different from 7T .

We limit our anlysis to electrostatic weakly damped
oscillations close to harmonics of the ion cyclotron
frequency (w ~ nf);) which can exist if the wave
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propagation direction is nearly perpendicular to Bo, ie.
the angle between the wave vector k and By is close
to m/2. In order to describe these waves, we adopt
the approximation (w — nQ.)/kjvje > 1, kpe < 1,
v, < w/kj < ve. Then, for n = 1, we obtain the
following expressions for the frequency and the damping
rate of such oscillations [13]:
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In (2) and (3), An(B1:) = I.(BLi)e P+, where I, is
the modified Bessel function, and 3,; = (kpi;)?> 1.
Moreover, (2) and (3) were obtained in the case which
is interesting in applications, namely when T}, /T ; <
A < 1.

Note that the anisotropic distribution of the ions over
velocities is typical of the plasma held in adiabatic traps.
In this case, all the ion anisotropic instabilities possess
the frequencies close to the ion-cyclotron one and its
harmonics, and the increments and the conditions for
the emergence of those instabilities depend significantly
on a degree of ion anisotropy.

It is known that macroscopic plasma properties are
governed by particle collisions. So their calculations
calls for the solution of a kinetic equation with collision
integral. Thus, the determination of the collision integral
and, consequently, the associated diffusion of particles
are the actual problems of plasma theory.

The collision integral of charged particles in plasma
can be presented in the form [6]
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In (4), 6fa(w, k,7) is a fluctuation of the distribution
function, and SE is the fluctuating electric field. We will
study fluctuations in an electron-ion magnetized plasma
under the influence of a radio-frequency pump wave
field Eo(t) = Eyycoswpt which is taken in the dipole
approximation.

1) Firstly, we consider the case where the frequency
of a pump wave wp lies in the lower hybrid (LH)
frequency region Q; < wy ~ wpg K e, where wpyg =~
wpi(1 + w2, /Q2)~1/2 is the LH resonance frequency and
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Wpe is the plasma frequency of s particle of the o species
(a = e,4). The damping rate of an LH wave is given by
w2
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L (8) me k3v3 cos exp( 2k ) (5)

Consider the parametric decay of a pump wave into a
daugter lower hybrid wave and ion-cyclotron oscillations

(2):
wo = wrLyg + w(l). (6)

We study the turbulent plasma mode, when the
amplitude of a pump wave exceeds the field threshold
value [14]:

p(Tu)l/?exp(_ q ) (7)
Ty N T Ty T/

where the coefficients p and g are determined by the
expressions
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The expression for the threshold field can be used in
the region k|‘p“iklpu< T|‘i/TM < kypi,. Inreality, the
parameter Tj;/T'L; is expected to be less than unity, and
the threshold electric field will thus generally increase
with increase in the temperature anisotropy. We note
that the real (anisotropic) plasma is more stable than
the usual model plasma, where T}; = T;.

Under those conditions, the fluctuations of the
electric field intensively develop, by considerably
exceeding the thermal noise level. We assume that the
instability saturates due to a stabilization mechanism
associated with the scattering of charged particles
by turbulent fluctuations of the electric field. We
will characterize this process by the effective collision
frequency veg which determines the rate of plasma
heating by LH waves, and it is connected with the
coefficient of turbulent diffusion D; by the expression
15]

ver ® k3D . (8)

To calculate v, we use the energy balance equation for
the plasma [16]:

O_Zna/dp (9)

where I, (p) is the collision integral determined by (4)
and depending on veg. Thus, expression (9) is a nonlinear
integral equation for veg. Solving this equation and using
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(8) in the region above the instability threshold, we find
the turbulent diffusion coefficient in the form

1 E?

Dy~ o [ (o) um (o )]V/2, (10)
kg, B3 (ko)
where kg is the wave number to be determined from the

decay condition (6):
i/ (2m) 2 p1i(wo — win — Q).

Note that the fluctuations due to the pump field give
the dominant contribution to the diffusion coefficient
governed by (10).

It can be seen from (10) that the diffusion coefficient
is sensitive to the ion temperature anisotropy:

3/4
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where By and C' are constants which do not depend on
the electron and ion temperatures. In the derivation of
(12), it was assumed that A;(8.;) ~ 1/(2m)/%kp,; at
kpii > 1.

2) Now we are intersted in the case where the
frequency of a pump wave lies in the upper hybrid
frequency region,

Qe(1+w?, sin®6/207),

ko = (11)

(12)

WUHL &~ (13)

where 6 is the angle between the wave vector and the
external magnetic field.

Here, we have the case of strongly magnetized
plasma, i.e. wpe <K 2, and we assume that the damping
rate of the upper hybrid wave ~y is approximately
equal to the electron-ion collision frequency v.; [9], i.e.
YU = Ves-

It should be emphasized that the condition wp. < 2,
for a strongly magnetized plasma is, in fact, not fulfilled
for typical fusion plasma parameters, for which wp. and
Q. are of the same order, by referring to the central
part of the plasma. Further out, towards the boundary
of the fusion plasma, the assumption wy. < 2. is more
appropriate.

As our second example, we consider the decay of
a pump wave into the daughter upper hybrid wave
(UH1) and ion-cyclotron oscillations in a plasma with
ion temperature anisotropy:
wo = wyn + wW. (14)
The parametric instability threshold for this decay is [17]

327 wng Z/ei’yi(l)
3sin 0 k2 Q.

Et2h2 ~ (15)
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Taking into account that reg =~ ;T“Vm- when v, <
th2

Vo < %(1) [9] and using the procedure analogous to

that which has been described in Section 1, we find the

diffusion coefficient dependence on the ion temperature

anisotropy for the parametric decay (14):

7.\ 2C
Dz = BT, (TL) eXP<TI|'TJ_‘>'

Here, B> is the constant which does not depend on the
electron and ion temperatures.

3) Finally, we investigate the case where the
frequency of a pump wave lies in another part of the
upper-hybrid frequency region,

(16)

1/2
Y

Wo ~ WUHe A (wge +Q?) (17)

i.e. we have the case of weakly magnetized plasma, when
Wpe > Qe.

Consider the pump wave decay into the upper hybrid
wave (UH2) and ion-cyclotron oscillations with ion
temperature anisotropy:

wWo = wWyuH2 + w(l). (18)

Note that such a decay can occur in the ionospheric
plasma.

Using the procedure as that which has been described
above, we obtain

D 3~ exp< (19)

Q2
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It is worth noting that the diffusion coefficient in a
turbulent plasma (in the assumption that the turbulent
damping dominates the collisional one) in the case of
short-wavelength oscillations (k; p,; > 1) is found to
be [15]

1/2
Dy = L Y g2
+ 2m (nL”) TDe ’

where L is a finite size of the plasma system along the
magnetic field.

Note that expression (20) can be also obtained when
the external pump wave is absent, i.e. in the case of
stable plasma.

Comparing the diffusion coefficients (10) and (16)
with the correspoding expression (20), we can see that,
for typical parameters of a hot plasma (n = 100 m~3,
T. = 10 keV, v; = 104 S_l7 wrg = 5 X 10° S_l7

(20)
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Q. = 1.5 x 10" s71, By = 50 kGs, kirp. ~ 1071),
the diffusion coefficients D, 1 and D, 5 are much greater
than DY (more than two orders of magnitude).

On the base of the theory of kinetic fluctuations,
we have considered the parametric interaction of lower
hybrid and upper hybrid waves with ion-cyclotron
oscillations in a plasma with anisotropic ion velocity
distribution function. The turbulent diffusion coefficient
is found to depend on the ratio between the parallel and
perpendicular ion temperatures. The results obtained
in this article allow one to clarify the influence of the
ion temperature anisotropy on the diffusion processes in
space and laboratory plasmas.
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JUOY3Id Y TYPBYJIEHTHIN TTJTA3MI
3 AHISOTPOIIIEO TEMIIEPATYPU IOHIB

B.H. Iasaenxo, B.I. ITanuenko
PezmowMme

Ha ocHoBi kineTrnuHol Teopil iyKTyaliii po3rJsiHyTO HapaMerT-
pUYHY B3a€MO/IiI0 HHUKHBOLIOPUIHOI 1 BEpPXHBOTIOPUIHOT XBHJIb
i3 IOHHO-IIMKJIOTPOHHUMH OCIHUJIAIISIME B IIa3Mi 3 aHI30TPOIIHOIO
GbYHKIIEI0 PO3NO/ILITY 38 MBUAKOCTAMUA. SHANRIEHO, 110 KoedilieHT
TypOyseTHO! mudy3il CyTTEBO 3aI€XKUTH Bif CIiBBiAHOMIEHHS MiXK
1OHHMMU TeMIIepaTypaMu B3J0BXK 1 IIOIIepEeK MarHiTHOro moJis. Pe-
3ysabTaTH pobOTHU € IiKABUMUY IIPH JOC/IIIKEHHI IIPOIECiB aHOMAJIb-
HOI'O TPAHCIIOPTY B KOCMIi4YHIi i jtabopaTopHiil ma3Mmi 3 iOHHOIO
aHi30TpOMiEr0.
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